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OBIIAS] XAPAKTEPVICTUKA PABOTbBI

AKTYAJILHOCTDL TEMBL Hacrosums paGora nocssmuesa PelIeHMEIO HEKOTOPRIX 3aJAY
cToXacTUdeckoi u WMHOﬁ TeoMeTpVI Ha eBKJIIPBOM wiockocTy. Tpeboparme 1
BapUAHTHOCTH Pachpeie/IeHMIA OTHOCUTeHLHO IDYTIIHI ITPeoGPa3oBsHIHA OCHOBHONO npoc-
TPAHCTBA BEIAEJIAET CTOXACTHMIECKYIO reOMeTpNIO 3 oblueif Teopym Cay<wafMbIX MO

ects. B nacrommeit paGore paccmatpumaercs rpymma M Beex E€BRJIAIOBLIX ARVDRSHVIA
IIOCKOCTH M ¥3yuarorca IM

e THBIE CITy e TTPOLIECCH] NPAMEIX. DTHM NMPoLec-
caM yZeJiiercsA 3HAYUTesbHOE BHMMAHMe [1]'. Miccnenyzorca mapsmpoBarise Touewrme
TIPOLeCCE! Tlepeceyeniii (MAPKAMI ABILTIOTCA YIVIBI B TOUKaxX TepeceveHyii) Ha 'xvecmnoiiv
TIPAMOM, TIOPO/KIEHHBIE CIyUAWHBIMU mpoueccamy npamex. Mccnenyerca cne;mmmn
337AYA CTOXaCTHECKO TeOMETPMM:  KaneB KJIACC pACTIpe e/ Huik MADEMPOBSHHOTO ITpo-
liecca Mepeceyeduii, VI KOTOPOTO pacnpe/e/leHyie COOTBETCTBYIOIIEND MPOIECCa TRAMBIX
IM—ymBapyaHTHO?

Taxas 3amaua sBIIRETCA 33/AYell CTepeosOrvM HA TIIOCROCTH (menaTe BEBONR! O reo-
MeTPUYECKMX CBOMCTBAaX HBYMEPHBIX CTPYRTYp, PacTiosmras vidopMaimelf o ymmelimix
CeueHMnAX). ;

Coyuaifimie nmponecchl NPAMEIX ONpe BeIIAEOTCA KAk TOUEHE POLIECCh] B npocTpancT-
Be MPAMLIX G ¥ NO2TOMY BO3HMKAIOT BOIMPOCH! NOPOAAEHNA Mep B [IPOCTpaHcTBe G. Vizyun-
FOTCH CBASM MERIY (WANCIePOBLIMI MeTPHKAMM U Mepamu B G. Cnmmmwmw
PUKaMM HA TIOCROCTH M Mepavu B G TIPMBOIAT K KOMOMHaTopHOMy peirerino 4-oif rpod-
stemut NimeGepra [2]°. Vinrerpuposarme B npocTparctse G xak criocoba TeOMeTPUYECKOrD
¥iccTlepBAHI BriepBble MCHOVE:308a1 B. Biumike, RoTODHIA Tpe,ymasi Hassanme “yre-
rpaJl-Hasi reoMeTpiA’” VI BCero Npemvera. Pz HoBEDX TNPMEMOB, B MACTHOCTH, KOMOMHA-
TOPHAA GOPMYJIA [yIA BEIMCTCHVAN Mep B ITPOCTPAHCTEE NPMMEIX G, ITpe mymosernmix P. B.
AnMGapIyyMAHOM, ITOJIOATII HAYAIO HOBEIM METOZAM MCCIIe OBAHA 2].

IIEJIb PABOTEI s: 5l HA BEPOSTHOCTHYIO CTPYKTYPY MAPIGHPOBANHLIX
TOYEUHBIX NPOLIECCOB NePecedeii CilyualiHLIX MPOLIECCOB NPAMBIX, BLITEKAICITAE 33 3

I'b Or'p

'[1] P.B. AmGapuymsm, . -Mexxe, L 1kosisn “Beenciine B CroxacIuuecKyio reomeTpiio,”
Mocksa, “*Hayxka”, 1989.
%[2] R. V. Ambartzumian, “Combinatorial integral geometry with applications to mathematical stere-

ology,” Chichester. Wiley, 1982.



| d¥eRie MAINMDOBANHONY YOHMEeTHOro Npoecca mpeeeqemdi mpoxuii}mom IM-ymsappanT-
HERM TIPORECCOM PAMEDT, umm&mmwumcmamm A
"rmezvmmu‘wl orpa»mwexmﬁ. ;

HA.Y\«IHAH HOBMBHA. Ocmmxe PE3YIILTATEL pa&'m.x SRJUDCICH HOBBDMML. - Fac-

cuammam N—mmpm CAYIAVHLR ITPOUGCCHE IPAMEIX (W) BTOPOre MOPSUKaA.

" Brepane MY HAOTCE HONETHOMERHbE pacnpemm CRYAIHOTD . IO 0 npo
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Iapemmu criocod sapuims Mep B G ¢ MOMOLLRED (MHC/IRPOBRIX MEeTPUR € mmmcmo

*§. Ecimt { mpcTaroyro THARKAS, TO Mepa B G MMeeT I0THOCTS 1 V1A Hee HAlIPHO TOYHOe
'mesmpnmnxf

ukmmrmcmmzﬁpaﬁmuwmmmmmmmmq,mrm

! MEHBAPHMANTHOCTS OTHOCHTeNLHO rpyrmst IM 3aMensexcs Ha MHBARHAHTHOCTE OTHOCHUTELHO -
FPYTINLT mapae ;' T HBLDC IEDEHOCOB, & TAIRE MPH VCCe IDBAIAY AHAJIONHHED BOTIPOCOB B

;mcmmmm, -] wmpux npumewﬂonx POUEAYPES CTEPeQIIMHECKOrD XapanTepa.
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OONEPAAHUE MOCEPTALIMOHHOM PABOTDBI

&BBmemmmmmmmﬁm

FIEPBAST TVIABA HocHWT BCNOMOTaTesbHLIA XapaxrTep. Bneﬁeoﬁpumueoﬁxomle
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BTOPAHA TJIABA mmmmmompnmmmd © FIOMOIIRLFO demc-
(z.y.9), e P = (2,4) —
~ OEPYAHOCTH mrq:amremnimmnm)

mpomwxpm\-cmoc’ruof. @J@rnmz ecTs napa (P, @) =
TOUKA HA TUIOCKOCTH, M ¢ € Sy (5)

Mf(P.M:f(I:y»P)—WWWWMOWJﬁIMEW'
dumaros IR? x §;. PaccMoTpuM vHTerpasisi :

o(Pr,P) = L MRy )

rmmmm&p@mxnommanmwmmmﬁlpg,dl--m
JUTMHET HA 2T0M ceIMeHTe. SHaueHVe MAPAMETDA @ B apTyMeHTe [ COBMANpeT ¢ HArpanve-
nueM oTpeaka P 7z

Ecoma p — mm@,m(cm 1, [2])cymec‘myeremmmmmmepamnnmcrpmm(;
TaRasA, Yro

p{P1,Ps) = m{ U’l.pz])e 2y

roe (P,Ql = {g€G: npsvas g pajseseT TOuRM P u Q}.
Vitak, dunicsepopbl rutorTHocTH f(2,¥,¢) ofpepNAIOT Mephl B npocTpancTee G.

Ifycrs u — mepa B G, MHBADMANTHAA OTHOCHTENLHO IPyTIL: IM (¢ emmscroenmn ¢
mmmnocmmomm) Bee mMepsl m(-) Mbl NpeIMosmraen abCWEOTHO

HeNpepLIBHbIMYA OTHOCUTENBHO 4 dm = +(g) dg, v dg — smemers mepw y, 7(g) — MR-

HOCTH Mephi m(-).
IIymm()»epachmmoc‘ruo-y(g) Tormwmwap,mymmumpe
m(-) mo dopMyse (2) ¥MMeeT dBmHCIEPOBY IUIOTHOCTE f.
M;WnposammmmABeyaoccmwlemmarpemm:ACnazzﬂD
mgyrmma,ﬁazxrmmﬁg(ma, ua,mxomanonnﬁmmum
rpmmmmﬁnpmﬁg) IlycTs WoAsES OTPE3KOB a1, 42 CTPEMATCR K HYJIO (YTl ), a2
mmqmcuponamm).mmvrmammmnpem
" m(la1] N {az}) S

m
atiay B0 faa])’
az{B}

) =
rmela={g€G: gNa# §)}. Vicriomsys cranmprHee GOPMY b1 METEr PATLHOM TEoMETPIIZ,
3 (3) mosysav

wio = i {([ seveas [ teveya~ | sy

a;1{A} JAD
az1{B}




= {
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—/ iz, v qu)dl) (sina; -sinay - a; ~az)_l} £ 3 (4) -
CD &

fp @1, ¢3, 93 M@ — HAnpasseHus oTpeakos AD, BC, CD u AB coorsercrsemso u |L| = |AB|.
Tipnxommm ¥ comayiomeMy smonouensno:  EC/IH f - ®UHCIEPOBA IJIOTHOCTD, KO-
TOPAA COOTBETCTBYET MEPE m(-) OBJIAZIAIOIIEN HEITPEPBIBHOM TIVIOTHOCTBIO,
TO NIPEJIEJI KPOPTOHA (4) CYIIECTBYET.
Ilycre f ~ npomsBosmuas duiarosas dymanan ( A/IPHOPH ue dnncnepm;a IUIOTHOCTH ). Boa-
HERBIOT [Ba eCTECTBEHHALIX BOMPOCa: ’

1. Karxmvim yclioBmamy [o/DaHa o6masaTs f, wrobni cymecrsosan npemen Kpodaona
(4)?

2. Mpu xasvx MOno/HMTe LHLIX yeroBuax Ha [ nipeses Kpodrouna (4) 3aBucuT Tosmko
or npavoit g 7
Aspuops, npeses Kpodrona Moser

o YrNoB o), ;. Cormacso [3]%, sTopoi BONPOT MOAYIO 3aMEHITL CJIe IYFOLMM

T® OT 0.

A Touer A u B ua nmpamvoit ¢ u

2. Tipu xaruX o HMTeNbHBIX YCTOBUAX oTHOWeHMe B (4) orpammuesto crysy?
B [VIABE Il nosywuens: c/iegyrongie OCHOBHEIE Pe3y ILbTaTLL
TEOPEMA 1. ECJ/IM HEOTPHHATEIBHASI YHKIINA SJIATA | 1IOPOAKIAET MEPY B
APOCTPAHCTBEG. TO OllA YIOBIETBOPAET IMPPEPEHUNAJIBHOMY YPABHEHUIO

af li} af f
~ -Ismwi- %cosw— B—Z-ai;msgp- :’yéw singp = 0, (5)

Orciom cefyer, WUTO eC/M MORAMLMO-BRNTYRIAR dymsums [ yaosnersopsier (8), 1o f
dmsc/RpoBa II0THOCTS. i

Tipu poTio/moATe /L HLIX YCIOBIAX PAAIKOCTH H2 [, HAXODMTCH GOPMYJ MR 1A TLRTHOCTH
Y B TepMMHAX f:

arlge) Biae [/ S, ity ¢)d1+ ?..i‘.f(_“L“_)_ﬂ

2L} dp? ®)
YRS OGRS i), yU), p)
J[L s Uge ) dl - ’ ——-3(—'?——-(11,1-1)141].
3mc1-5n—-;- T madibepesiBpoBaNTe B HANPABISHMHM ‘TIO/IDANTE 0K HOPMAIA

x L.

¥[8} P. B. AnGapuyman “3aMeuming © NOPOAICHAN Mep B IPOCTPAHCTBe Mpavbix b IS, Mos.
HAH Apsesnoa, cepua Matemanea, Tom 27, 805, crp. 1 - 25, 1992
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’Ihmaoﬁpa:om, (G)MMMHBBOHPOC i Omumm, 3 (8) Tarswe cirenyer
rpmmmmoé-n. KPOGTOHOBCKOTO OTHOIIEHMA. ¢
B §2.4 nmpoBoTca NMPOBEpRAa OCHOBHOIO Pe3yJiLTaTa [YIA cilydas, Korma y(g) — ruior-
HOCTE Mepsl m(:) BG M, cliejoBaTeILHO, COOTBETCTBYIOAA (Viaropad (yHKIgAA MMeeT B

2
f(z,y,0) = :}/0 7y

B §2.5 paccMoTpeHE! 3HAKONepeMeHHbE Mephl. [lpkazaxa cJiefyromwps

- |sitt p] dp. ™

TEOPEMA 2. [IYCTb f JOCTATOYHO I'TIAZKAA ®YHKIWA. TOIZIA YCJIOBHE (5) HE-
OBXOMMO U JIOCTATOYHO VI CYHIECTBOBAHNA JIOKAJIBHO-KOHEYHOM 3HA-
KOITEPEMEHHOWM MEPHI B G, KOTOPAA WMEET TIVIOTHOCTD +(g), YAOBJIETBOPAIO-
YO (7). :

Bamervv, wro (6) MoAHO PaccMATPMBATE Kak beu.ne:me vHTer paskHoro ypasuesus (7).

B IVIABEIII »3yuniorcs MapRMPOBaHHbIE TOUSUHLIe MPOLIECCEH] TepeceyYeHuiA, TIOpo-
SEHHLIe CIYyYAAHLIMI MpoueccaMm mpsMex. Ciryuaiiimii npouece npsavex B IR onpeze-
AAeTCA Kak CIYJAWHLIA TOUeuHbIA npotece B G.

, Mycte M — MHO#ecTBO BCex moaMHoxecTs m C G, YIOBJIETBOPMIOUMX YCJIOBMIO
card(mN B) < oo, e B C G — orpaHMyeHHoe GOpPeJieBCROe MHOKRECTBO; A — MMHVMMAJILHAA
o-anredpa no,mvmom M, oTHOCHTEBHO Mrmpou dyrram card(im N B) vBvepnMel ana
Becex B C G. Iyers (,F,P) — nepom‘ﬂocn{oe rxpoc-xpancrso HViamepyvioe oToGpaske-
ave m: § — M, w € Q, HA3BBARTCH CJIIYIAMHLIM 'mqequbm ripoueccom B G, a BepoaT
HocTHaa Mepa I’ Ha (M, A) (MHaymmpoBaian oTodpadenueM m(w)) — pacrpenesieHeM
CyydalHoro npouecca npaMbx. Ilpolece m(w) HA3LIBASTCH OMHOPOIHLIM M VB3OTPOIHELIM,
ec/m ero pacnpemerenve P mmapummm OTHOCHITEJIEHO kpynnia ™M (IM-vHBapUAHTHO).
WMasectHnv M-m-mapummm CYUAMHEIM TPOLECCOM IPAMBIX CIWVAMT rwnccomncmlﬁ
TOUeUHBLIA NMPOLECC, YNPaBJAeMbIt Mepoit A - dg, A > 0. ¢

Tlycrs P’ ects pacnipenenierre imn(w). Hac mrrepecyior MaprvpoBaHiibie TOYSWHhE ITPC-

| LUecchl TMepeceueHwii {r;,0,) Mmyponamme m(w) ma demcwposhrmol mpamolt 9. Il

onpemenero, {£;} = m(w)Ny, & MAPKA o; ©CTH YTOJ B TOWKE I;, 10X KOTOPLEIM nplma\m
PeaHDBALMM M NepecesaeT IPAMYTO ¢.

Tycrs A, — o-amrebpa cobumuit, coorsercTayIouma {1, n,}. Ouesnmwo, uro A, C A.
Obozuawam yepes [, pacnpenenenvie mpouecca {z;,.¢,}. /. onpeseneda nHa Aq " sBAeT-
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> 1 wmacce IM-MHBAPHMAHTHEIX
ca cymeneM P m A;. ﬂpommoe!—mef. A A eTMHCTBEHHO B ;

punpemm-mﬁ 31 copmayper ¢ P ke
ObpaTHo, HAUMHAEM CO cory ot N0C Nie JpBaTeILHOCTH {zi o), T {=:} cnyaik-

HERE ToueuHbIA fpoltecc Ha ¢, & MAPKI a4 npmm,wmm(o,u). Iycrs {g:} — coy AMHLIL

1ece TPAMBI, coorpercTayrolpti {zi,a:i}: B apiossecTBe (g} ecTs npaMAd, nepece-
:::;xmm ock X B TOURe I; IOA YTTIOM ;. Pq'—— pacnpeiesiesue Tpouecca TTPSIVBIX {g‘;})-
BoznmraeT CJ1eYICIIA BOTIPOC:  EAKOB KIEACC pacnpe'mmmlﬁ nponecca !:::,), ?a.}
Toporo Po M-—smpapuaHTHO? Jfpyrimas clIOBAMI  KOTIR {9}, mocTpoe mo {zi,0:}s
ARIETCH OHOPO HHLIM ¥ PROTPOTTHEN? :
Mzt 'pach KOHeUHOMEPHbIE PaciIpe e Ieriid {z:}:

Py k(T 1) = P{m: card(mO ) =kis 1= Voo amls
ok (T

4 b - HeOTpUATE BHbIE NeJbie
T T, Tm —— HemiepeceRaroUpecs pHTepBAHI HA 7, kyy . km

- Y TBIATeJILHBIX @HHBIX
BeposTHOCTS Pk,..... k,..("'\.u-.fm)ec'l'!:q’y'lmmﬁdr(‘lm 1) me S nepes

YllisG s 6112500 0m=1) = p(f,8) = P {m: card(mnr) = ki, i = ) Somit 1} g

. tn — AWTAHBI MHTEPBAJIOB Tiy 6; — PACCTOSHMSA MeRILY coc:,mwnvm s
Ml MCTIOJNE3YeM METOL ycpenHeHViA KOMOUHATOPHBIX PasJIoAeHIA. i

OcHoBHOM) pe3y/bTaT r.vmib; I ey qnpwm.cmwme :eo qHOMEPHBIE Wmm
meseran 'mt;e‘mON npouecca niepeceuenviA ¢ HANBMOBCKMMM PacTipe e JIeHVsNI nep

pore PAIRA. OAHO KoK HeoOXo
(M) » s70 (My,.05 ¥ T Drv GopMyIEI M paccMaTPUBATE W
A Bye, WTO 33 JAHHAA coysatinan FI0CITe AOBATEIILHOCTE {z;,a;} MOPOKIALT

Moe YCJIOBVE,
PVRHTHEI IPOLECE FIPAMBIX HA TIOCKOCTH.

Ecom Mapwonamlblﬁ PoYeUHBIA ITPOLIECT {zi,ei} © He3ABMEVIMBIMI MAPKAMM, TO Gop-
MyJIb1 YTIPOLIRIOTCA ¥ TIPVIHMMAOT e Ay IOUIA BIALE

™ dpg(i, ) "‘“A?l'_ﬁ_i_@ e S PR T (R P i ®)
Z————tali l.—+z o5, 5; 2 {xi, -1 3

i=1 i=1 i=1 &

MHTEHCHBHOCTD TIPOLIECca MPAMEIX *f(1.8) = My(Agh e 1(0:0) = Ny(Ae,-1)s AF =

o 3 - .

x{W‘(A) d(mfw)Hi = Eipi=1,0m}y Ak = {m(w): card(m(w)Nt; = kj, J #F4 ca[d.(m(w)ﬂ
m(w): car ;= kivd=1,.0m)s Ak |

ti= ki~ 5

B §3.8 oGcyRumpeTca OCHOBHOM pe3yJIbTaT ¥ JORA3BIBAETCA

8

TEOPEMA 3. EC/AH VIS MAPKUPOBAHHOIO TOYEYHOIO IIPOLECCA NEPECEYE-
YHW {z;.0;) HMEET MECTO (8) H TTAJIBMOBCKOE PACIPEAEJEHHE ITEPBOIO ITOPA/L
4 0, COBITAJIAET C'P, TO TOYEYHBIT [TPOHECC {2;} TTYACCOHOBCKUL
Bripagaro MoeMy HaydHOMY pysoromureo, monesTy B. K. Oranaiy MCKPeREQL Iipss-
HATENLHOCTS 32 MOCTAHOBKY 330AH ¥ Heoc mbHoe BiTAMare K padbote.
Tlo Teme pccepraipm oIy GIMROBAME CGHYIOUHEe PAGOTEE .
1. B. K. Oramm, A. A6, “O RocTpoeHiny Mep B NPOCTPAHCTHE DPAMLN (STHC/IePOBRLY-
: i merpran,” Vs, AH Apmerwna, cepust Marematysa, | ARC/mACKIGA Mepeso s Journal
{ Contemporary Math. Anal:{Armenian Academy of Sciences)], Tom 27, N: 5, ctp. 69 —83, 1092.
B. K. Orasm, A. A6mpwm, “MaprypoBatiibie TOUeNHER POLECCHl nepsceYeHuiA 10~
£ DK TR CayaRiiHEIMM MPOIEccaMy TPAMEIX Ha mwtockoeTw,” Mise. AH Apsmenvoa, cepus
[aremarira, [Axrmdicruii mepesos Journal of Conternporary Mati. Anal.(Armenian Academy
of Sciences)], Tom 28, N2 5, cxp. 67 — 77, 1893,
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