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¾¿ýÀÂ ÌÀ¼ÀÄº»¼·¹º·ÄÀ ¼À¿¾ºÇ

ÀÛÖÜ×äåÙÚÓÖåÖÔâæ. ºÔÚÕÒè ÛÕ×Ôçæãá×Ñ×Ý ç Ûä×ÓÓÔ
×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞá×ÕÚÑÒä×ÓåÙ×Ý×äÔßÕÚþäÚ÷ÚÓÖÚäÔÖÒè
ÖÕÜÑ×ãÛä×ÓÓÒÛÚçâ×ÖÔâ×ÖÒÛÒ:ÅÒäåùÔÕÖ×,ÊÜ×ÙÛ×ÕÔ Ä×ÕäÔâ×Ù×.
¾ÓÙÚçÚßÚä×÷×øöÒÔÕÔáÜäåÖ×ÖæÖÔÚÕÒÒùæäÒßÚäÜÝÔÙæ½20-30÷ÚÑ×ã
Õ×ùÚÖ×ãÏ.Æ. Å×ãÚç×,̧.·. ¶ÜÓãÔäÒþçÒäÒÒ ·.·. ÊÕÒç×äÚç×.

¿ÜÕÙÚÔÕ×áçÒÖÒÔßÕÚùäÔâ×ÖÒÛÒÛÕ×Ôçæãá×Ñ×Ý½ ÖÔÝÔÙÒÔ
ßÚÓäÔÑÙÒãÑÔÓèÖÒäÔÖÒÞÚùÜÓäÚçäÔÙÚâÙÚ÷ÚÝÒÓäÔÙÙæâÒßÕÒäÚõÔÙÒèâÒ
ç Õ×áäÒÝÙæãÚùä×ÓÖèãâ×ÖÔâ×ÖÒÛÒ,àÒáÒÛÒ, âÔã×ÙÒÛÒ
ÿäÔÛÖÕÚÑÒÙ×âÒÛÒ.¹ÜöÔÓÖçÔÙÙæÞçÛä×Ñ½ ÖÔÚÕÒøçÙÔÓäÒÕ×ùÚÖæ
ÒáçÔÓÖÙæãâ×ÖÔâ×ÖÒÛÚç:·.¸. ½ÔÛÜ×,¸.Ê. ½ÔÛÜ×,¹.Å ¶ÒãäÒÙ×,¿.½.
ÌçÔÑÔäÒÑáÔ,À.½.¿ÒØ×ÑáÔ,M.A. Ê××Ö×þçÒäÒ,Å.¹. ¹ÒâÚÙÔÙÛÚ,·.¿.
ËÒÖçÒÙÝÜÛ×,¸.». ºÚçâ×ÓèÙ×,À.Ê. ¹ÚäÑ×ÖÚç×.

ÅÕ×ÙÒÝÙæÔá×Ñ×ÝÒÍç×ÕØ×, ¼Òâ×Ù×-ÅÒäåùÔÕÖ×ÑäèÿääÒßÖÒÝÔÓÛÒã
ÜÕ×çÙÔÙÒÞ· ÓÒÓÖÔâÒÓÓäÔÑÚç×ÙæÕ×ùÚÖ×ã·.¸. ½ÔÛÜ×,¸.».
ºÚçâ×ÓèÙ×,A.I. ¹ÚäÑ×ÖÚç×,A.0. ¿×ù×èÙ× ÑÕÜ÷Òã×çÖÚÕÚç.½Õ×ùÚÖ×ã
Å. ¿Ô÷ÔÕ×,A. ÄÜâ×Õ×ÒÓÓäÔÑÚç×Ùæá×Ñ×ÝÒÍç×ÕØ× Ò ÆÒÕÒãäÔÑäè
ÙÔÚÑÙÚÕÚÑÙÚ÷ÚßÚäÒ×Ù×äÒÖÒÝÔÓÛÚ÷ÚÜÕ×çÙÔÙÒè ßÚäÜÝÔÙæ
ÙÔÚùãÚÑÒâæÔÑÚÓÖ×ÖÚÝÙæÔÜÓäÚçÒèÕ×áÕÔþÒâÚÓÖÒ� º·Ì á×Ñ×Ý,ÛÚ÷Ñ×
÷Õ×ÙÒÝÙæÔàÜÙÛØÒÒÙÔßÕÔÕæçÙæÙ× ÷Õ×ÙÒØÔ.½ Õ×ùÚÖÔÅ...
ÀÞÕ×ßÔÖèÙ×ÒÓÓäÔÑÚç×Ù×á×Ñ×Ý×ÖÒß× ¼Òâ×Ù×-ÅÒäåùÔÕÖ×Ñäè
ßÚäÒ×Ù×äÒÖÒÝÔÓÛÚ÷ÚÜÕ×çÙÔÙÒèç ÔÑÒÙÒÝÙÚâÛÕÜ÷Ô,ÛÚ÷Ñ×÷Õ×ÙÒÝÙæÔ

ÜÓäÚçÒèßÚÙÒâ×øÖÓèÓâæÓäÔ L¹Ì¾Æ·¶¾¹º·. ç çÔÓÚçÚâßÕÚÓÖÕ×ÙÓÖçÔ
L(p), ßÕÒn=2,ÿÖ×á×Ñ×Ý×ÒÓÓäÔÑÚç×Ù×ç Õ×ùÚÖÔ Å.¶.ÀÞÕ×ßÔÖèÙ×.

ÆÒÓÓÔÕÖ×ØÒÚÙÙ×èÕ×ùÚÖ×ßÚÓçèöÔÙ×ÒáÜÝÔÙÒø÷Õ×ÙÒÝÙæãá×Ñ×Ý
ÑäèßÚäÒ×Ù×äÒÖÒÝÔÓÛÒã(ß-×Ù×äÒÖÒÝÔÓÛÒã)àÜÙÛØÒÞßÚäÜßäÚÓÛÚÓÖÒÒç
ÛÕÜ÷Ô,ÛÚ÷Ñ×÷Õ×ÙÒÝÙæÔàÜÙÛØÒÒßÕÒÙ×ÑäÔõ×ÖçÔÓÚçæâßÕÚÓÖÕ×ÙÓÖç×â
L((). ÊÕÔÑßÚä×÷×ÔÖÓè,ÝÖÚ÷Õ×ÙÒÝÙæÔáÙ×ÝÔÙÒèÕ×ÓÓâ×ÖÕÒç×øÖÓè

ÓâæÓäÔL(p) ¹Ì¾Æ·¶¾¹º·. ÊÚäÜÝÔÙ×Ö×ÛõÔ ÚÑÙ× ÖÔÚÕÔâ×
ÔÑÒÙÓÖçÔÙÙÚÓÖÒç Ûä×ÓÓÔ÷×ÕâÚÙÒÝÔÓÛÒãàÜÙÛØÒÞ.

ÐÔäåÕ×ùÚÖæ.·ÓÓäÔÑÚç×Öåá×Ñ×ÝÜÍç×ÕØ× ç ßÚäÜßäÚÓÛÚÓÖÒç

ÛÕÜ÷Ô,ÛÚ÷Ñ×÷Õ×ÙÒÝÙæÔÜÓäÚçÒèßÚÙÒâ×øÖÓè ÓâæÓäÔ
ÓãÚÑÒâÚÓÖÒ,ÓçÔÓÚâ.ÊÚäÜÝÒÖåàÚÕâÜäæÚùöÔ÷ÚÕÔþÔÙÒèÚÑÙÚÕÚÑÙÚÞ
á×Ñ×ÝÒÒ ÜÓäÚçÒè,ßÕÒÛÚÖÚÕæãÙÔÚÑÙÚÕÚÑÙ×èá×Ñ×Ý×ÒâÔÔÖÕÔþÔÙÒÔ.

¾ùö×è âÔÖÚÑÒÛ×ÒÓÓäÔÑÚç×ÙÒè.¾ÓÙÚçÙÚÞ ×ßß×Õ×Ö,
ÒÓßÚäåáÜÔâæÞç Õ×ùÚÖÔ,ÿÖÚÒÙÖÔ÷Õ×äåÙæÔßÕÔÑÓÖ×çäÔÙÒèÕÔþÔÙÒÞ

÷Õ×ÙÒÝÙæãá×Ñ×Ý ÓçÔÓÚâ.
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¸×ÜÝÙ×è ÙÚçÒáÙ×.½ÓÔÕÔáÜäåÖ×ÖæÑÒÓÓÔÕÖ×ØÒÒèçäèøÖÓè
¸¾½Ç¶·.

ºÔÚÕÔÖÒÝÔÓÛ×èÒ ßÕ×ÛÖÒÝÔÓÛ×èáÙ×ÝÒâÚÓÖå.ÊÚäÜÝÔÙÙæÔ
ÕÔáÜäåÖ×ÖæßÕÔÑÓÖ×çäèøÖÖÔÚÕÔÖÒÝÔÓÛÒÞÒÙÖÔÕÔÓ.¼ÔáÜäåÖ×ÖæÒâÔÖÚÑæ

âÚ÷ÜÖÙ×ÞÖÒßÕÒâÔÙÔÙÒÔßÕÒÒáÜÝÔÙÒÒ÷Õ×ÙÒÝÙæãá×Ñ×Ý.
ÀßÕÚù×ØÒè.¾ÓÙÚçÙæÔÕÔáÜäåÖ×ÖæÑÒÓÓÔÕÖ×ØÒÒÑÚÛä×Ñæç×äÒÓå

ÚùÓÜõÑ×äÒÓåÙ×Ù×ÜÝÙæãÓÔâÒÙ×Õ×ãÑÔß×ÕÖ×âÔÙÖ×â×ÖÔâ×ÖÒÛÒÅ·ÃÀ,

Ù× ÓÔâÒÙ×ÕÔÛ×àÔÑÕæÑÒààÔÕÔÙØÒ×äåÙæãÜÕ×çÙÔÙÒÞ»ÅÃ,
¶ÔõÑÜÙ×ÕÚÑÙÚÞÛÚÙàÔÕÔÙØÒÒ"¾ùÕ×áÚç×ÙÒÔ,Ù×ÜÛ× ÿÛÚÙÚâÒÛ×
½Üá×ã",»ÕÔç×Ù2011.

ÊÜùäÒÛ×ØÒÒ.¾ÓÙÚçÙæÔÕÔáÜäåÖ×ÖæÑÒÓÓÔÕÖ×ØÒÒÚßÜùäÒÛÚç×Ùæç
4 ÓÖ×Öåèã,ÓßÒÓÚÛÛÚÖÚÕæãßÕÒçÚÑÒÖÓèÛÚÙØÔ×çÖÚÕÔàÔÕ×Ö×.

¹ÖÕÜÛÖÜÕ×ÒÚù� Ôâ.ÆÒÓÓÔÕÖ×ØÒèÓÚÓÖÚÒÖ·Á ççÔÑÔÙÒè,ÖÕÔã÷ä×ç,
á×ÛäøÝÔÙÒè ÓßÒÓÛ×äÒÖÔÕ×ÖÜÕæ,ÓÚÑÔÕõ×öÔ÷Ú62 Ù×ÒâÔÙÚç×ÙÒè.
¾ù� Ôâ:73 ÓÖÕ×ÙÒØæ.

¾¹¸¾½¸¾» ¹¾Æ»¼ÉÀ¸·» ¼À¿¾ºÇ

1. ÆÒÓÓÔÕÖ×ØÒÚÙÙ×èÕ×ùÚÖ×ÓÚÓÖÚÒÖÒáççÔÑÔÙÒèÖÕÔã÷ä×ç.½
ßÔÕçÚÞ÷ä×çÔÒÓÓäÔÑÜÔÖÓè÷Õ×ÙÒÝÙ×èá×Ñ×Ý×ÖÒß× Íç×ÕØ×
ßÚäÜßäÚÓÛÚÓÖÒÑäèßÚäÒ×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞ,T. Ô.ÆËÂàÜÙÛØÒÞ
ÜÑÚçäÔÖçÚÕèøöÒãÜÕ×çÙÔÙÒø

0"U(z)= 0, zel+ II =iz,Imz � ), (1)

ÊÕÔÑßÚä×÷×ÔÖÓè,ÝÖÚ÷Õ×ÙÒÝÙæÔàÜÙÛØÒÒßÕÒÙ×ÑäÔõ×ÖçÔÓÚçÚâÜ

ßÕÚÓÖÕ×ÙÓÖçÜL(p), ÷ÑÔp(x)=1/(1+)x)"Ò ÑÔÞÓÖçÒÖÔäåÙÚÔ

Î·¹Ë¾.

ÊÜÓÖå½ -Ûä×ÓÓàÜÙÛØÒÞ•, ÚßÕÔÑÔäÔÙÙæãÙ× çÔÕãÙÔÞ

ßÚäÜßäÚÓÛÚÓÖÒ ÛÚâßäÔÛÓÙÚÞßäÚÓÛÚÓÖÒz=x+iy,
ÜÑÚçäÔÖçÚÕèøöÒã ÜÓäÚçÒø

JU(2)/<AJZ/N, Imz >ÃÚ>� , (2)

÷ÑÔA- ßÚÓÖÚèÙÙ×è,á×çÒÓèö×èÚÖÃÚ, N - ØÔäÚÔÝÒÓäÚ,á×çÒÓèöÔÔ

º¾Ë � Ä¾ ÚÖ•.
Á×Ñ×Ý×P.ÊÜÓÖåfe,k=0,1...,¨-l, ÑÔÞÓÖçÒÖÔäåÙÚáÙ×ÝÙæÔ

àÜÙÛØÒÒ,ÚßÕÔÑÔäÔÙÙæÔÙ×(--o, co), Ö×ÛÒÔ,Îº¾ fi(n-k-1) eL(p).

ºÕÔùÜÔÖÓèÚßÕÔÑÔäÒÖåàÜÙÛØÒø UeBo, ÜÑÚçäÔÖçÚÕèøöÜø

ÜÕ×çÙÔÙÒø(1),ßÚ ÷Õ×ÙÒÝÙæâ ÜÓäÚçÒèâ

dU(z)
lim Re f(x) =0, k=0,1...,¨-1. (3)

ÑÜ*
ILL())

ÆäèÒÓÓäÔÑÚç×ÙÒèá×Ñ×ÝÒ Ù×âÙÔÚùãÚÑÒâÚÒÓÓäÔÑÚç×Öåá×Ñ×ÝÜ
Íç×ÕØ×, aÖ×ÛõÔá×Ñ×ÝÜÓÛ×ÝÛÔç Ûä×ÓÓÔ×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞ

ÓâæÓäÔL(p) ¹Ì¾Æ·¶¾¹º·:

Á×Ñ×Ý×Pi. ÊÜÓÖå feL(p). ºÕÔùÜÔÖÓèÚßÕÔÑÔäÒÖå

×Ù×äÒÖÒÝÔÓÛÜø½II àÜÙÛØÒøàe ½ÚßÚ÷Õ×ÙÒÝÙÚâÜÜÓäÚçÒø

yin Rep(x+iy)- f(s),=0. (4)
(y->0

ÊÜÓÖå Ûä×ÓÓ ×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞ à(z)

II .IT, IT =(z,Imz<0), ÜÑÚçäÔÖçÚÕèøöÒã ÜÓäÚ

A ZIN, Imzz)> yo>0,
÷ÑÔN ØÔäÚÔÝÒÓäÚ,á×çÒÓèöÔÔ¾º à, aA ßÚÓÖÚèÙÙ×è,á×çÒÓèö×èÚÖ

Á×Ñ×Ý×P2. ÊÜÓÖågeL(p) ÛÚâßäÔÛÓÙÚáÙ×ÝÙ×èàÜÙÛØÒè.

ºÕÔùÜÔÖÓèÚßÕÔÑÔäÒÖåàÜÙÛØÒøàÔA ßÚ÷Õ×ÙÒÝÙÚâÜÜÓäÚçÒø

lim à =0, (5)

÷ÑÔà+ ÓÜõÔÙÒèàÜÙÛØÒÒà Ù× ÓÚÚÖçÔÖÓÖçÔÙÙÚ.

»ÓäÒà ßÕÚÒáçÚäåÙ×è×Ù×äÒÖÒÝÔÓÛ×èàÜÙÛØÒèç IT IIT, TO

ÚùÚáÙ×ÝÒâà.(z)=--()). ÊÜÓÖåm=[a] ÒfeL(p).ÊÚäÚõÒâ

K(m,ffa)=(z+1)m f(t) dt zeIT ˆIT. (6)
(t+i)m t-z

-oo

ÂÓÙÚ,Îº¾ ßÕÒm > àÜÙÛØÒèK(m,ff,z) ÷ÚäÚâÚÕàÙ×Ù×.I K(m,ffz)e Bo ßÕÒzeI+ »ÓäÒõÔ <� , TO

K(m, f,z)÷ÚäÚâÚÕàÙ× Ù× ÖÚ÷Ñ× ÒÖÚäåÛÚ ÖÚ÷Ñ×,ÛÚ÷Ñ×

4 5
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i f(t)(t+i)*dt =0, k=0,1...,-m-1,

ÒäÒ

f(t)t*dt =0, k=0,1....---1. (7)

¸×âÒ ÜÓÖ×ÙÚçäÒç×øÖÓèÓäÔÑÜøöÒÔßÕÔÑäÚõÔÙÒè:

ºÔÚÕÔâ×1.1. ÊÜÓÖåf ÔL(/). ¹ßÕ×çÔÑäÒçæÓäÔÑÜøöÒÔ

ÜÖçÔÕõÑÔÙÒè:
a)»ÓäÒ � , TO á×Ñ×Ý× ßÕÒg(x)=2f(x)ÒâÔÔÖÕÔþÔÙÒÔ

Ñäè äÚùÚÞ àÜÙÛØÒÒf ÔL((). ¾ùöÔÔ ÕÔþÔÙÒÔâÚõÙÚ

ßÕÔÑÓÖ×çÒÖåçÒÑÔ
à(z)= K(m, f,z)+P(z), (8)

÷ÑÔP(z) -- ßÕÚÒáçÚäåÙæÞßÚäÒÙÚâßÚÕèÑÛ×m :
Ö, (a)#

<

m - 1, --

ù) »ÓäÒ < 0,ÖÚá×Ñ×Ý× ßÕÒg(x)=2f(x)ÒâÔÔÖÕÔþÔÙÒÔ

ÖÚ÷Ñ×ÒÖÚäåÛÚÖÚ÷Ñ×,ÛÚ÷Ñ× ÜÑÚçäÔÖçÚÕèÔÖÜÓäÚçÒèâ(7).¼ÔþÔÙÒÔ

ßÕÔÑÓÖ×çÒâÚçÒÑÔ(8),÷ÑÔP(z) const.
ºÔÚÕÔâ×1.2.¹ßÕ×çÔÑäÒçæÓäÔÑÜøöÒÔ ÜÖçÔÕõÑÔÙÒè:
a) »ÓäÒ � , TO á×Ñ×Ý×Pi ÒâÔÔÖÕÔþÔÙÒÔÑäè äÚùÚÞ

ÑÔÞÓÖçÒÖÔäåÙÚáÙ×ÝÙÚÞàÜÙÛØÒÒf ÔLI (p)Ò ÚùöÔÔÕÔþÔÙÒÔ

ßÕÔÑÓÖ×çÒâÚçÒÑÔ
1à(z)= 2 (K(m,ffz)+K.(m,f,2))+PP((2), (9)

ÅÑÔPi(z) ßÕÚÒáçÚäåÙæÞßÚäÒÙÚâßÚÕèÑÛ× çÒÑ×

Pa(z) iAo iAlz + . + iAmz

ßÕÒÝÔâÀÛ k - 0,1,...,̈© ÑÔÞÓÖçÒÖÔäåÙæÔÝÒÓä×.

ù) »ÓäÒ < 0,ÖÚá×Ñ×Ý×Pi ÒâÔÔÖÕÔþÔÙÒÔÖÚ÷Ñ×Ò ÖÚäåÛÚÖÚ÷Ñ×,

ÛÚ÷Ñ× ÜÑÚçäÔÖçÚÕèÔÖÜÓäÚçÒèâ;()). ¼ÔþÔÙÒÔßÕÔÑÓÖ×çÒâÚçÒÑÔ

(9),÷ÑÔPm(z)= ÀÚ -ßÕÚÒáçÚäåÙÚÔÑÔÞÓÖçÒÖÔäåÙÚÔÝÒÓäÚ.

½ ß×Õ×÷Õ×àÔ3 ÷ä×çæ1 ÑÚÛ×áæç×øÖÓèÓäÔÑÜøöÒÔßÕÔÑäÚõÔÙÒè:

ËÔââ× 1.1. ÊÜÓÖå � , à(z)e ½Ú,
f(x) - Reà(x) ÔL/(), Ô(-o, o))
Reà(x + iy)e L'(p) ßÕÒÜ- . ºÚ÷Ñ×

à(z) -- k2(K(m,f,z)+K.(m, f,z))+
k=0

÷ÑÔÀÛ -- ÑÔÞÓÖçÒÖÔäåÙæÔÝÒÓä×.

ËÔââ×1.2.ÊÜÓÖå < � , Ô½Ú,f(x)=Reà(x)eL(p).
ºÚ÷Ñ×,ÔÓäÒRe@(x+iy))EL(P), >0,ÖÚf ÜÑÚçäÔÖçÚÕèÔÖ

ÜÓäÚçÒèâ (7),aà(z) ßÕÔÑÓÖ×çÒâ×çÒÑÔ
1à(z) (K(m, f,z)+K.(m,ffz)) + iAn,2

÷ÑÔ -- ÑÔÞÓÖçÒÖÔäåÙÚÔÝÒÓäÚ.

½ ß×Õ×÷Õ×àÔ4 ÷ä×çæ1ÒÓÓäÔÑÜÔÖÓèÚÑÙÚÕÚÑÙ×èá×Ñ×Ý×¼.

ºÔÚÕÔâ×1.3.ÊÜÓÖå ºÚ÷Ñ×ÚùöÔÔÕÔþÔÙÒÔÚÑÙÚÕÚÑÙÚÞ
á×Ñ×ÝÒ¼âÚõÙÚßÕÔÑÓÖ×çÒÖåçÒÑÔ

U(z)= ÏÚ(z) + ÜÏ (z)+... + Ü¨©]Ï¨-1(z), (10)
÷ÑÔ

ÏÚ(z)= iA00 +iAolz +. ...+ iAom
k-11

¨©àÛ(z)= iAko +iAkiz +...+iAkizkl j=0
ßÕÒÝÔâ ÑÔÞÓÖçÒÖÔäåÙæÔÝÒÓä×ßÕÒ k -- 0,1,...,n-1,i -- 0,1,...,m

ºÔÚÕÔâ×1.4.ÊÜÓÖå < �� , ºÚ÷Ñ×ÚùöÔÔÕÔþÔÙÒÔÚÑÙÚÕÚÑÙÚÞ
á×Ñ×ÝÒ¼ßÕÔÑÓÖ×çÒâÚ ççÒÑÔ

• (z) -- iAo + iAly +...+ iAn _ly ¨©¤

÷ÑÔÀÛ- ÑÔÞÓÖçÒÖÔäåÙæÔÝÒÓä×,k -- 0,1,. ...¨-1.
½ß×Õ×÷Õ×àÔ5 ÷ä×çæ 1ÒÓÓäÔÑÜÔÖÓèá×Ñ×Ý×P.
¼×ÓÓâ×ÖÕÒç×ÔÖÓèÓäÔÑÜøö×èá×Ñ×Ý×:
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Á×Ñ×Ý× Ik. ÊÜÓÖå fse L/(), - 0,1...,¨©k-1.
¾ßÕÔÑÔäÒÖåÕÔþÔÙÒÔÜÕ×çÙÔÙÒè (1) Ö×Û,ÝÖÚùæçæßÚäÙèäÒÓå÷Õ×ÙÒÝÙæÔ
ÜÓäÚçÒè

lim Re (x,y) f(x) I =
kÑÜ (p)

Ò
4/U(x,y)

lim Re = 0, j#k, j=0,1....,¨©].
ÑÜ] IL(P)

ºÔÚÕÔâ×1.5.ÏÜÙÛØÒè
k yk+] ..--Ux(z) ÏÛÚ(z) + (z)+... Qk,n-1-k(),

÷ÑÔQÛÚ(z)ÚßÕÔÑÔäèÔÖÓèàÚÕâÜäÚÞ

ÏçÚ(2)=(K(m,f,2)+K.(m,ffz)),
a

1
--
(k+1). i - 0,1,...,¨-k

èçäèÔÖÓèÕÔþÔÙÒÔâá×Ñ×ÝÒ

ºÔÚÕÔâ×1.6.ÊÜÓÖå �� Á×Ñ×Ý× ÒâÔÔÖÕÔþÔÙÒÔÑäèäøùæã
f(i) L1àÜÙÛØÒÞ fo,ñ....,ñ¨-1, Ô (p), j=01...,¨©1-k.

¾ùöÔÔÕÔþÔÙÒÔâÚõÙÚßÕÔÑÓÖ×çÒÖå ç çÒÑÔ
U(2)=U.(z)+U.(z),

÷ÑÔUo(z) ÚùþÔÔÕÔþÔÙÒÔÚÑÙÚÕÚÑÙÚÞá×Ñ×ÝÒ,a

U.(2)=U.(z) U.(z)+...+ •¨©1(z),
÷ÑÔUx(z) ÕÔþÔÙÒÔá×Ñ×ÝÒ¼Û

ºÔÚÕÔâ× 1.7. ÊÜÓÖå <� , ÔL�(P),i -- 0,1,...,„ -1-k, k -- 0,1,..., �̈1. Æäè ÖÚ÷Ú,ÝÖÚùæ

á×Ñ×Ý×¼ÒâÔä×ÕÔþÔÙÒÔÙÔÚùãÚÑÒâÚÑÚÓÖ×ÖÚÝÙÚ,ÝÖÚùæàÜÙÛØÒÒ

ÜÑÚçäÔÖçÚÕèäÒÜÓäÚçÒèâ(7).

2.½ÚçÖÚÕÚÞ÷ä×çÔÒÓÓäÔÑÜÔÖÓè÷Õ×ÙÒÝÙ×èá×Ñ×Ý×ÖÒß×Íç×ÕØ×

ÔÑÒÙÒÝÙÚâÛÕÜ÷ÔD* =/z, ßÕÚÓÖÕ×ÙÓÖçÔL(p) Ñäè
ÜÕ×çÙÔÙÒè

Ñ÷Ò zeD* (11)

ÆäèàÚÕâÜäÒÕÚçÛÒá×Ñ×ÝÒßÕÒçÔÑÔâÓäÔÑÜøöÒÔÚùÚáÙ×ÝÔÙÒè:

D =CID*

p(t)= 1-t/, teT,T=/z,
÷ÑÔ ßÕÚÒáçÚäåÙÚÔÑÔÞÓÖçÒÖÔäåÙÚÔÎ·¹Ë¾.

1 dt
((a]+1, ÔÓäÒ ÙÔÝÔäÚÔÝÒÓäÚ,

--
ÔÓäÒ ÜÔäÚÔÝÒÓäÚ.

p(t), ÔÓäÒ > 11,
pr(t) -

(1-rt "ll-tla-n ÔÓäÒa <-1.
ÎÔÕÔáTn ÚùÚáÙ×ÝÔÙÚâÙÚõÔÓÖçÚßÚäÒÙÚâÚçP(z),ßÚÕèÑÚÛ

ÛÚÖÚÕæãÙÔùÚäåþÔ̈© ÛÚÿààÒØÒÔÙÖæak ÜÑÚçäÔÖçÚÕèøÖÜÓäÚçÒèâ

ak =(-1)"+1an-k

Á×Ñ×Ý×S. ÊÜÓÖåfo, eL(p) ÑÔÞÓÖçÒÖÔäåÙÚáÙ×ÝÙæÔ

àÜÙÛØÒÒ.¸×ÞÖÒàÜÙÛØÒøu(z),ÜÑÚçäÔÖçÚÕèøöÜøÜÕ×çÙÔÙÒø(11),
ßÚ÷Õ×ÙÒÝÙæâÜÓäÚçÒèâ

lim Reu(rt)- =0,

lim ReÑu(rt) f(t) -� .

½ß×Õ×÷Õ×àÔ 2÷ä×çæ2 ÒÓÓäÔÑÜÔÖÓèá×Ñ×Ý× ßÕÒa>-1.
¼×ÓÓâ×ÖÕÒç×ÔÖÓèá×Ñ×Ý×ÖÒß×Íç×ÕØ× L(p) Ûä×ÓÓÔ

×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞ ÓäÔÑÜøöÔÞßÚÓÖ×ÙÚçÛÔ:ÚßÕÔÑÔäÒÖå
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×Ù×äÒÖÒÝÔÓÛÜø½ D* àÜÙÛØÒøà(z) Ö×Û,ÝÖÚùæÒâÔäÚâÔÓÖÚ
÷Õ×ÙÒÝÙÚÔÜÓäÚçÒÔ

lim Re ((rt)- =0, (12)
r-7100

÷ÑÔf(t)eL(p).ÃÓäÚçÒÔ(12)âÚõÙÚßÕÔÑÓÖ×çÒÖåçÒÑÔ

lim =0.
r-1100

ÊÚäÚõÒç à (z)=--+(z-)), zeD à+(z)= ((z), zeD*
ùÜÑÔâ ÒâÔÖåà+(rt)=-à (r-'t) ·, ÓäÔÑÚç×ÖÔäåÙÚ,ßÚÓäÔÑÙÔÔ

Õ×çÔÙÓÖçÚßÕÒâÔÖ½·Æ:

lim (rt)-à (r =0. (13)

»ÓäÒ à(z) ßÕÚÒáçÚäåÙ×è×Ù×äÒÖÒÝÔÓÛ×èàÜÙÛØÒèÙ× D*

ßÚäÚõÒâ à* º×Û Û×Û ÑÔÞÓÖçÒÖÔäåÙÚáÙ×ÝÙ×è

àÜÙÛØÒè,TO ÔÓäÒà(z) ÜÑÚçäÔÖçÚÕèÔÖ÷Õ×ÙÒÝÙÚâÜÜÓäÚçÒø(13),TO

à*(2) Ö×ÛõÔÜÑÚçäÔÖçÚÕèÔÖÿÖÚâÜÜÓäÚçÒø.»ÓäÒy(z) ÚùöÔÔ

ÕÔþÔÙÒÔá×Ñ×ÝÒ(13),TO ÚùöÔÔÕÔþÔÙÒÔá×Ñ×ÝÒ(12)âÚõÙÚßÕÔÑÓÖ×çÒÖå
çÒÑÔ

Ià(z) - +y (z)).

ÆäèßÕÚÒáçÚäåÙÚÞàÜÙÛØÒÒfeL(p) ßÚäÚõÒâ

K(f,z) --
ifft)(1-t)"T dT

+
2Ö(1

T

€¨ f(t)(1-Ö)" zeD+ (14)
2Ö(1_z)n Tn(TLz)T

ÆÚÛ×áæç×øÖÓèÓäÔÑÜøöÒÔßÕÔÑäÚõÔÙÒè:
ºÔÚÕÔâ×2.1.Á×Ñ×Ý×(12)ÒâÔÔÖÕÔþÔÙÒÔÑäèäøùÚÞàÜÙÛØÒÒ

f(t)eL(p) .¾ùöÔÔÕÔþÔÙÒÔâÚõÙÚßÕÔÑÓÖ×çÒÖåçÒÑÔ

à+ (2)=K(f,2)+à(), (15)

÷ÑÔàÚ(z) -- ÚùþÔÔÕÔþÔÙÒÔÚÑÙÚÕÚÑÙÚÞá×Ñ×ÝÒ(12) Ò

P(z)"àÚ(z)=
(1-z)"

P(z)eT ßÕÚÒáçÚäåÙæÞâÙÚ÷ÚÝäÔÙ,a K(f,z) ÚßÕÔÑÔäèÔÖÓè
àÚÕâÜäÚÞ(14).

ºÔÚÕÔâ×2.2.ÊÜÓÖå > 11ºÚ÷Ñ×á×Ñ×Ý× ÒâÔÔÖÕÔþÔÙÒÔÑäè

äøùæãàÜÙÛØÒÞfo,f eL(p) Ò ÚÙÚßÕÔÑÓÖ×çÒâÚçÒÑÔ

u(2)=@((2)+2à(2), (16)
÷ÑÔ

àÚ(z)=KUp,2)-24(0)_@(2)-à/))- Po(z)
(1-z),

à(2)=K(f,z)+P(z)
(1-z)"

P,(z)eT, j=0,
½ß×Õ×÷Õ×àÔ33 ÷ä×çæ2 ÒÓÓäÔÑÜÔÖÓèá×Ñ×Ý× ßÕÒ

ÑÚÛ×áæç×ÔÖÓèÓäÔÑÜøö×è ÖÔÚÕÔâ×:

ºÔÚÕÔâ×2.3.ÊÜÓÖå <<1,fo,f eL(p).»ÓäÒ÷Õ×ÙÒÝÙæÔ

àÜÙÛØÒÒfo f ÜÑÚçäÔÖçÚÕèøÖÜÓäÚçÒèâ

1 fo(t)dt � , k = 2,3,...,̈
TiT (1-t)k

� , k - 2,3,..., „(1-t)kT
TO á×Ñ×Ý× ÒâÔÔÖÕÔþÔÙÒÔÔ÷ÚâÚõÙÚßÕÔÑÓÖ×çÒÖåçÒÑÔ(16),÷ÑÔ

àÚ,à ÚßÕÔÑÔäèøÖÓèàÚÕâÜä×âÒ

àÚ(z)=2--(((,?)+ (f, 2))-z-1à1(z) +iB. ,

à((2)=2-(((f,2)+K*(f,2))+iAø,

÷ÑÔÀ., ¨© ÑÔÞÓÖçÒÖÔäåÙæÔÝÒÓä×.
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3. Åä×ç×ÖÕÔÖåèßÚÓçèöÔÙ×ÚÑÙÚÞÖÔÚÕÔâÔÔÑÒÙÓÖçÔÙÙÚÓÖÒÑäè
÷×ÕâÚÙÒÝÔÓÛÒãàÜÙÛØÒÞ.ÃÓÖ×ÙÚçäÔÙÚ,ÝÖÚÔÓäÒÒ(z) Ú÷Õ×ÙÒÝÔÙÙ×è

÷×ÕâÚÙÒÝÔÓÛ×èàÜÙÛØÒè½ÔÑÒÙÒÝÙÚâÛÕÜ÷ÔD* =(z,
1

sup Iu(z) I exp
zeD+

TO u(z)= ..
ÊÕÒçÔÑÔâÓäÔÑÜøöÒÔÚùÚáÙ×ÝÔÙÒè:

ÔÓäÒa - ÙÔÝÔäÚÔÝÒÓäÚ
¨©

ÔÓäÒ ÝÔäÚÔÝÒÓäÚ

p,(1)=/1-MI""------------ a >� , teT,T=/z;z =1),
½ß×Õ×÷Õ×àÔ 1÷ä×çæ3 Õ×ÓÓâ×ÖÕÒç×ÔÖÓèÓäÔÑÜøö×è÷Õ×ÙÒÝÙ×è

á×Ñ×Ý×:

Á×Ñ×Ý×D. ÊÜÓÖåf(t)eL(p) -- ßÕÚÒáçÚäåÙ×èàÜÙÛØÒè.

ºÕÔùÜÔÖÓèÚßÕÔÑÔäÒÖå÷×ÕâÚÙÒÝÔÓÛÜøD* àÜÙÛØÒøÒ(z)Ö×Û,
ÝÖÚùæçæßÚäÙèäÚÓå÷Õ×ÙÒÝÙÚÔÜÓäÚçÒÔ

lim u(rt) I =0. (17)
r->1-0

ÊÜÓÖåf eLlp).ÊÚäÚõÒâ

(1-z)" f(t) dÖK(f,z)= > zeD+UD, (18)Ö× 7(1-t)"

u(z)=2-1Re(K(f,2)+K,(f,2). (21)
ßÕÒâÔÙÔÙÒÔâÿÖÚÞÖÔÚÕÔâæßÚäÜÝ×ÔâÓäÔÑÜøöÜøÖÔÚÕÔâÜ

ÔÑÒÙÓÖçÔÙÙÚÓÖÒÑäè÷×ÕâÚÙÒÝÔÓÛÒãàÜÙÛØÒÞ.
ºÔÚÕÔâ×3.2. ÊÜÓÖåu(z) -- Ú÷Õ×ÙÒÝÔÙÙ×è÷×ÕâÚÙÒÝÔÓÛ×èàÜÙÛØÒè

D*

sup u(z) el-- (22)
zeD+

ºÚ÷Ñ×u(z)= ..

ÁÀÄË� Î»¸·»

¼×ùÚÖ×ßÚÓçèöÔÙ× ÒÓÓäÔÑÚç×ÙÒø÷Õ×ÙÒÝÙæãá×Ñ×Ý Ñäè
ßÚäÒ×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞÛÚâßäÔÛÓÙÚÞÊË¾¹Ä¾¹º·.

1) ÊÚäÜÝÔÙÚÚùöÔÔÕÔþÔÙÒÔÜÕ×çÙÔÙÒè

Ñ"U(z)-� , Im (1)

ÜÑÚçäÔÖçÚÕèøöÔÔ÷Õ×ÙÒÝÙæâÜÓäÚçÒèâ

lim Re k=01...,¨-1, (2)
ÑÜ*

Ï,(z)= ), ÷ÑÔÏ(z) ßÕÚÒáçÚäåÙ×è×Ù×äÒÖÒÝÔÓÛ×è
àÜÙÛØÒèçÙÔÔÑÒÙÒÝÙÚÞÚÛÕÜõÙÚÓÖÒT ¾ùöÔÔÕÔþÔÙÒÔá×Ñ×ÝÒD
ßÕÔÑÓÖ×çÒâÚçÒÑÔ

u(z)=2-1Re(� (2)+Ï.(2)). (19)
ÃÓÖ×Ù×çäÒç×øÖÓèÓäÔÑÜøöÒÔßÕÔÑäÚõÔÙÒè:
ºÔÚÕÔâ×3.1. Æäè Õ×áÕÔþÒâÚÓÖÒá×Ñ×ÝÒD ÙÔÚùãÚÑÒâÚ·

ÑÚÓÖ×ÖÚÝÙÚ,ÝÖÚùæàÜÙÛØÒèf ÜÑÚçäÔÖçÚÕèä×ÜÓäÚçÒèâ

f(t)t*dd
(1-t)n

= 0, k= 0,1...., (20)
T

¼ÔþÔÙÒÔÔÑÒÙÓÖçÔÙÙÚ,Ô÷ÚâÚõÙÚßÕÔÑÓÖ×çÒÖåçÒÑÔ

÷ÑÔL(() -ßÕÚÓÖÕ×ÙÓÖçÚ
àÜÙÛØÒÞ.

ÃÓÖ×ÙÚçäÔÙÚ,ÝÖÚ
xe(-oo, oo)

ÚùöÔÔÕÔþÔÙÒÔÿÖÚÞ

ÑÚÓÖ×ÖÚÝÙæÔÜÓäÚçÒè
ÕÔþÔÙÒÔ.

2) ÆäèÜÕ×çÙÔÙÒè
ÔÑÒÙÒÝÙÚâÛÕÜ÷Ô:
¾ßÕÔÑÔäÒÖåàÜÙÛØÒø u(z), ÜÑÚçäÔÖçÚÕèøöÜøÜÕ×çÙÔÙÒø(1)
(n=2),ÛÚÖÚÕ×èÜÑÚçäÔÖçÚÕèÔÖÜÓäÚçÒèâ

ÒÙÖÔ÷ÕÒÕÜÔâæãÓçÔÓÚâp(x)=(1+/xl)"

á×Ñ×Ý×(1),(2)Õ×áÕÔþÒâ×ÆËÂäÚùæãàÜÙÛØÒÞ

fe(n-k-1)(x)eLl() ßÕÒa 0 0 Ù×ÞÑÔÙÚ

á×Ñ×ÝÒ.ÊÕÒ <0ßÚäÜÝÔÙæÙÔÚùãÚÑÒâæÔ

Ù× f<<), ßÕÒÛÚÖÚÕæãÿÖ×á×Ñ×Ý×ÒâÔÔÖ

(1) ßÕÒn=2 ÒÓÓäÔÑÚç×Ù×á×Ñ×Ý×Íç×ÕØ×
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lim Reu(rt)- f/ll.
ILL((T) ¼À¿¾ºÇ À½º¾¼ÀßÚTEME Æ·¹¹»¼ºÀÐ··

Ñu(rt)lim Re -ffly =0,
÷ÑÔ

1-ta ÔÓäÒ > 11pr(t)=
(1-rt "/1-t a-n, ÔÓäÒ <-1,

¨©--
[[a]+1, ÔÓäÒ ÙÔÝÔäÚÔÝÒÓäÚ,

ÔÓäÒ ÜÔäÚÔÝÒÓäÚ,

ßÕÒÝÔâ× -ßÕÚÒáçÚäåÙÚÔÑÔÞÓÖçÒÖÔäåÙÚÔÝÒÓäÚ,fe(t)eLL()),
k=0,1.

ÊÕÒ > 1ÜÓÖ×ÙÚçäÔÙÚ,ÝÖÚÿÖ×á×Ñ×Ý×Õ×áÕÔþÒâ×Ñäèäøùæã
àÜÙÛØÒÞfÛ (k = 0,1) ßÚäÜÝÔÙ×àÚÕâÜä×ÚùöÔ÷ÚÕÔþÔÙÒè.ÊÕÒ

<-1 Ù×ÞÑÔÙÚÙÔÚùãÚÑÒâÚÔÑÚÓÖ×ÖÚÝÙÚÔÜÓäÚçÒÔ,ßÕÒÛÚÖÚÕÚâÿÖ×
á×Ñ×Ý×ÒâÔÔÖÕÔþÔÙÒÔ.

3) ·ÓÓäÔÑÚç×Ù×á×Ñ×Ý×ÆÒÕÒãäÔÑäè ÜÕ×çÙÔÙÒèË×ßä×Ó×½

ßÕÚÓÖÕ×ÙÓÖçÔL(/), ÷ÑÔp(t)= 1-t a Ù×ÞÑÔÙæ
ÙÔÚùãÚÑÒâæÔÑÚÓÖ×ÖÚÝÙæÔÜÓäÚçÒè,ßÕÒÛÚÖÚÕæãÿÖ×á×Ñ×Ý×ÒâÔÔÖ
ÕÔþÔÙÒÔ.

4) ÊÕÒâÔÙèèßÚäÜÝÔÙÙæÔÕÔáÜäåÖ×Öæ,ÑÚÛ×á×Ù×ÚÑÙ×ÖÔÚÕÔâ×
ÔÑÒÙÓÖçÔÙÙÚÓÖÒÛä×ÓÓÔ÷×ÕâÚÙÒÝÔÓÛÒãàÜÙÛØÒÞ ÛÕÜ÷Ô:»ÓäÒ
u(z) -- Ú÷Õ×ÙÒÝÔÙÙ×è÷×ÕâÚÙÒÝÔÓÛ×èàÜÙÛØÒè çD*

sup u/z)ella<<� ,
zeD+

TO u(z)=0.

á×ÛäøÝÔÙÒÔçæÕ×õ×ø ÒÓÛÕÔÙÙøøùä×÷ÚÑ×ÕÙÚÓÖåâÚÔâÜ
Ù×ÜÝÙÚâÜÕÜÛÚçÚÑÒÖÔäøßÕÚàÔÓÓÚÕÜÅ...ÀÞÕ×ßÔÖèÙÜá×ßÚÓÖ×ÙÚçÛÜ
á×Ñ×Ý,ßÚÓÖÚèÙÙÚÔ çÙÒâ×ÙÒÔßÕÒçæßÚäÙÔÙÒÒÕ×ùÚÖæ.

1. ÀÞÕ×ßÔÖèÙÅ.¶., ÀÞÕ×ßÔÖèÙA.P. ÅÕ×ÙÒÝÙæÔá×Ñ×ÝÒ çÔÓÚçæã
ßÕÚÓÖÕ×ÙÓÖç×ãßÚäÒ×Ù×äÒÖÒÝÔÓÛÒãàÜÙÛØÒÞßÚäÜßäÚÓÛÚÓÖÒ.·áç.
¸À¸ÀÀâ. ¶×Ö.47,N1, 2012,3-22.

2. ÀÞÕ×ßÔÖèÙÀ.¼. Á×Ñ×Ý×ÖÒß×Íç×ÕØ× Ñäè ùÒ×Ù×äÒÖÒÝÔÓÛÒã

àÜÙÛØÒÞç ßÕÚÓÖÕ×ÙÓÖçÔL(p). ºÔáÒÓæÑÚÛä×ÑÚçâÔõÑÜÙ×ÕÚÑÙÚÞ
ÛÚÙàÔÕÔÙØÒÒ."¾ùÕ×áÚç×ÙÒÔ,Ù×ÜÛ× ÿÛÚÙÚâÒÛ×½Üá×ã",26-30
ÓÔÙÖèùÕè,»ÕÔç×Ù,2011,36-37.

3. ÀÞÕ×ßÔÖèÙÀ.¼. Á×Ñ×Ý×ÖÒß×Íç×ÕØ× Ñäè ùÒ×Ù×äÒÖÒÝÔÓÛÒã

àÜÙÛØÒÞç ßÕÚÓÖÕ×ÙÓÖçÔL(p). ¶×ÖÔâ×ÖÒÛ×½çæÓþÔÞþÛÚäÔ.
¸×ÜÝÙÚ-âÔÖÚÑÒÝÔÓÛÒÞÓùÚÕÙÒÛ.-- »ÕÔç×Ù,7,N2, 2011,,38-45.

4. ÀÞÕ×ßÔÖèÙÅ.¶., ÀÞÕ×ßÔÖèÙA.P. ¾ÑÙ×ÖÔÚÕÔâ×ÔÑÒÙÓÖçÔÙÙÚÓÖÒ
Ñäè÷×ÕâÚÙÒÝÔÓÛÒãàÜÙÛØÒÞ.-- ¹ùÚÕÙÒÛÙ×ÜÝÙæãâÔÖÚÑÒÝÔÓÛÒã
ÓÖ×ÖÔÞ.¨©½ÔÓÖÙÒÛ÷ÚÓÜÑ×ÕÓÖçÔÙÙÚ÷ÚÒÙõÔÙÔÕÙÚ÷ÚÜÙ-Ö×ÀÕâÔÙÒÒ.
3,N1, 2011,14-19.

‡’ � „ � ‡‹Œ‚
‡¬Ÿ¡£´¨§£±£¡ £ì´£¬£¡ñí ¡¦• ¦£² ô ±¨ªð¤Ÿñ§

¥£ ­¨©­®£¡ ªŸï ð¨¤•£¡£¤•¬•± (n -£¡£¤•¬•±) ž¨©¡±¢•£¡Ÿ •
ê£§Ÿ ¨©ª Ÿ° £®•¡ ´¡ê• ¡Ÿ • ¥Ÿ¬£°¨¬ª£¡í:

1) ˜•žŸ Ÿ¡¢•£¤ ¥£¦£§£ ª£¡ ¥£ª£ 

Ñ"U(z)
� , Im > � , (1)

Ñz"
¥Ÿ¬£°¨¬¦Ÿ¤ ô ±•§£¥£ ­¨©­®¨©¡¨©ª ”¦£ ¢• Ÿ° £®•¡ ´¡ê• í.
«¬¡Ÿ¤(1) ¥£¦£§£ ª£¡ ¤¨©²¨©ªí, ¨ í ¯£¦£ £ ¨©ª ô

dU(z)
lim Re f(()) =0 k=01...,¨©1 (2)
Ü-00 ÑÜ

IL(P)

Ÿ° £®•¡ ð£®ª£¡¡Ÿ •¡, ¨ ¬Ÿë L(()-¡ p(x)=(1+]x).±ìî¨¦
•¡¬Ÿ« Ÿ¤• ž¨©¡±¢•£¡Ÿ • ¬£ £²¨©­®¨©¡¡ ô:

‰ ¯ > � £ð£¢¨©¢¦Ÿ¤ ô,¨  ¢£¡±£¢£² f((x, xe(-oo, oo)

ò fi(n-k-1)(x) eL(p) ž¨©¡±¢•£¡Ÿ • ¥£ª£  (1),(2)´¡ê• ¡ ¨©¡•
¤¨©²¨©ªò «¬¡¦Ÿ¤ ô £®ê´¡ê • í¡ê¥£¡¨©  ¤¨©²ª£¡ ¬Ÿ§ñí, •§±
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<0 êŸðñ¨©ª §¬£¢¦Ÿ¤ Ÿ¡ ž¨©¡±¢•£¡Ÿ • ¦ £

£¡¥ £üŸì¬ ¨© ¯£¦£ £  ð£®ª£¡¡Ÿ  £®ê ´¡ê • ¤¨©²ª£¡
«¨®¨©­®£¡¥£ª£ :

2) €Ÿ¬£°¨¬¦Ÿ¤ ô ”¦£ ¢• Ÿ° £®•¡ ´¡ê• í ª•£¦¨  ì ï£¡¨©ª
(1) ¥£¦£§£ ª£¡ ¥£ª£ , Ÿ ¯ n=2:Ž¡ê• í ¥Ÿ¬ò®£¤¨©ª ô.

¨ ¨ìŸ¤ U(z) ž¨©¡±¢•£, ¨ í ¯£¦£ £ ¨©ª ô (1)¥£¦£§£ ª£¡í

(n = 2)ò ¥Ÿ¬ò®£¤Ÿ° £®•¡ ð£®ª£¡¡Ÿ •¡

lim Reu(rt)- fol cepp,)=0,

lim ReÑu(rt) f(t) =� ,
r->1-0 oz

¨ ¬Ÿë

1-te, -1,pr(t)=
(/-rt "/1-t a-n, a <-1,

Œ§± n=[a]+1,Ÿ ¯ (a)+0,ò Ÿ ¯ (a)=o, í¡ê

¨ ¨©ª ±£ª£®£±£¡ • £±£¡ ­•¦ ô,f<(t)eL(p),k=0,1:
‰ ¯ -1 £ð£¢¨©¢¦Ÿ¤ ô, ¨  £®ê ´¡ê• ¡ ¨©¡• ¤¨©²¨©ª

¢£¡±£¢£² fÛ (k = 0,1)ž¨©¡±¢•£¡Ÿ • ¥£ª£  ò §¬£¢¦Ÿ¤ ô £®ê
´¡ê • í¡ê¥£¡¨©  ¤¨©²¨©ªí, •§± <<1 êŸðñ¨©ª §¬£¢¦Ÿ¤ ô
£¡¥ £üŸì¬ ¨© ¯£¦£ £  ð£®ª£¡, ¨ • êŸðñ¨©ª £®ê´¡ê• ¡ ¨©¡•
¤¨©²¨©ª:

3) “£ð¤£§• ¥£¦£§£ ª£¡ ¥£ª£  L(() ¬£ £²¨©­®¨©¡¨©ª

¥Ÿ¬£°¨¬¦Ÿ¤ ô ˜• •´¤Ÿ• Ÿ° £®•¡ ´¡ê• í, ¨ ¬Ÿë p(t)= 1-t/a,
� : •¬£¢¦Ÿ¤ Ÿ¡ £¡¥ £üŸì¬ ¨© ¯£¦£ £  ð£®ª£¡¡Ÿ , ¨ ¨¡¢

êŸðñ¨©ª£®ê´¡ê• ¡ ¨©¡• ¤¨©²¨©ª:
4) •• £îŸ¤¨¦ §¬£¢¦£² £ ê®¨©¡ñ¡Ÿ í, ì ï£¡¨©ª ¥£ ª¨¡•±

ž¨©¡±¢•¡Ÿ • ê£§¨©ª £ð£¢¨©¢¦Ÿ¤ ô ª•£±¨©­®£¡ ­Ÿ¨ Ÿª. Ÿ­Ÿ
Ò(z)-í §£¥ª£¡£ó£± ¥£ ª¨¡•± ž¨©¡±¢•£ ô D+ -¨©ª

(D* ò

sup u(z) el--
zeD*

£ð£ u(z)= : 2

SUMMARY

The work isdevoted to the study of boundary valueproblemsfor
polyanalytic functions in the complexplane.

1) The generalsolution of equation

2"U(z)= � , Im > (1)

satisfiesthe boundaryconditions

dU(z)
lim Re -ffr) =� , k=0,1...,¨©] (2)

ÑÜ*

where L(p) the space of integrable functions with weight

p(x)=(1+/x//-
It isestablishedthat (1), (2) is solvablefor any functions

xe(--oo, oo)and fi(----/x)eLI()) at >0,and found ageneral

solution to this problem.When a<0necessaryandsufficientconditions

on f<<x),when this problemhasasolution,were found.

2) For equation(1)atn=2 Schwartzproblemwasstudiedin the unit

circle:Define a function u(z),satisfying(1)(n=2),which satisfiesthe

conditions
lim Reu(ri)- follere,=0,
r_1100

Ñu(rt)
lim Re -fft) =0,
r-110

where

1-ta, ÔÓäÒ -1,
pr(t)=

1-rt "/1-t &-n, ÔÓäÒÚ <-1,
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((a]+1, if (a)+0, 1 5 ç05.2014
-- I if (a)=0,

and - anarbitrary realnumber, f((t)eLI(P),k=0,1. §£§

For > _1ii wasproved,that this problem is solvable for any
functions fi (k = 0)11andobtained ageneralsolution. For <-1
found anecessaryand sufficient condition, when this problem hasa
solution.

3) Investigatedthe Dirichlet problem for the Laplaceequation in the

spaceof L((), wherep(t)= 1-t and found necessaryand

sufficient conditionsunder which this problemhasasolution.
4) Applying theseresults,provedauniquenesstheorem in the classof

harmonic functions in the unit circle. If u(z) is a boundedharmonic

function in D+ and

sup u(z) el--<<0,
zeD+

then u(z)= ...

€£®£§¬£¡• ‡°«£®•¡ « £ê£ £¡18 I II II
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